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EECS 16A D681gn1ng [nformation Devices and Systems |
Spring 2021 Discussion 2B

1. Matrix Multiplication A x B - Q
Consider the following matrices: CW\ < V\S ( n X PB CM x PB

SR I S L

55 8 -
8 1 6 53 4
E:1957F:612G:357 H= |1 8 2
4 3 2 2 4 1 7 49 2 2 3 5
32 2 -

For each matrix multiplication problem, if the product exists, find the product by hand.
Otherwise, explain why the product does not exist.

(2) AB E[ %:( [33 = | This &3 Jm%‘% o)

C/( K'Z) CZK tnnes &)(ZD(J(MC:%

2 B/B [2 | ( 'B
@z@)\gzx%

22'“(“(%1?
2 W23 ) [t
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(d) CE
| %]/Qs?]:»l? 23 I8
y 34 S 212 4 3 w20

(e) F E (only note whether or not the product exists)

— 3

4

L{ [ ] wo  Sol\n

AS|

1x 3 ersm/
(f) EF (only note w er or not the product exists)

[ 1

wa___\\\\a’%ﬁg 2 x 3

(g) G H (Practice on your own)

>

1)

(h) H G (Practice on your own)

32 90 4y

6
ol
2
R S 65 sb S
L8213 S F |7 [ 59 b
rzs iyt 45 62 Y3
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2. Visualizing Matrices as Operations

This problem is going to help you visualize matrices as operations. For example, when we multiply a vector
by a “rotation matrix,” we will see it “rotate” in the true sense here. Similarly, when we multiply a vector
by a “reflection matrix,” we will see it be “reflected.” The way we will see this is by applying the operation
to all the vertices of a polygon and seeing how the polygon changes.

Your TA will now show you how a unit square can be rotated, scaled, or reflected using matrices!

Part 1: Rotation Matrices as Rotations

(a) We are given matrices T; and T,, and we are told that they will rotate the unit square by 15° and 30°,
respectively. Suggest some methods to rotate the unit square by 45° using only T; and T,. How would
you rotate the square by 60°? Your TA will show you the result in the iPython notebook.

Euﬁwﬁd: We. can aWNU rmwg%gm/g gjacfz %of«)étéffd tho‘q amowﬂ% To muH}Dd{vj

2% me Tnceg,
(b) Find a single matrix T3 to rotate the unit square by 60°. Your TA will show you the result in the

iPython notebook. 5
) )
b0 ~ 2 x30° o U< (ST e

(c) Ty, T», and the matrix you used in part (b) are called “rotation matrices.” They rotate any vector by an
angle 0. Show that a rotation matrix has the following form:

__|cos® —sin6
~ |sin@ cos@

where 0 is the angle of rotation. To do this consider rotating the unit vector [210:((3)) ] by O degrees

using the matrix R.
V1

(Definition: A vector, V= |V2|, is a unit vector if /v +v3+...=1.)

(Hint: Use your trigonometric identities!) /\
©)
oC x o) — o>C (‘_OSC
= ¥ Kx - P\ ( ] \n R t

ZB 0 (‘I by It > st (B s O

) A/w
Q%\V‘Q/ ‘()(l@c3 \(P*ﬂ : / /
\ 5 k(6 X stn(@
"_"(Zg/cagu - C/DS@ -—5')1\/19 X

XL
@ ( v &9%9 ((j
Cx,0) S
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(d) Now, we want to get back the original unit square from the rotated square in part (b). What matrix
should we use to do this? (Note: Don’t use inverses! Answer this question using your intuition, we

v n lecture)
Wi1ll VISIt INVETSES VEry Soon mé::ur/e e (;@\ - gl_v\ (s g‘} cos (‘Q‘B 9’,/1 CQ/}
stn(-0)  cos(-0) ) —ein(®) ¢ 046@\

Rotele 195 -0 b caned G

(e) Use part (d) to obtain the “inverse” rotation matrix for a matrix that rotates a vector by 6. Multiply the
inverse rotation matrix with the rotation matrix and vice-versa. What do you get?

tos & - st 7’_@5 6 O ,(,ong rg\'wqe sinf cosD “51\4@5059

| ~( _
P\R - R R sta B oesh b st

cos@snl - cosPsin®  s1a®0 +cos?O

( () ,

o | /T é
(f) What are the matrices that reflect a vector about the (i) x-aXis, (ii) y-axis, and (iii) x =y (_lt'?) %
-

ANCH () - A’\L’C@@ LI

//
([ O l
= 2 o | /

L ,‘
(/O _ %(X(D? 9 [ ] c‘ éC_C‘x( O} éZZ/DB ; ® {
s -, B D

TS —— — ™

!

Part 2: Commutativity of Operations

A natural question to ask is the following: Does the order in which you apply these operations matter? Your
TA will demonstrate parts (a) and (b) in the iPython notebook.

éz'

(a) Let’s see what happens to the unit square when we rotate the square by 60° and then reflect it along

the y-axis.
(b) Now, let’s see what happens to the unit square when we first reflect the square along the y-axis and
then rotate it by 60°. Is this the same as in part (a)?

(c) Try to do steps (a) and (b) by multiplying the reflection and rotation matrices together (in the correct
order for each case). What does this tell you?

Ta(camméft [theas +C‘0M§&5M/€, llke motdx W\m[‘l’%{]h@}m’ﬂ/
e @,@Mm“é P asmmutatie

UCB EECS 16A, Spring 2021, Discussion 2B, All Rights Reserved. This may not be publicly shared without explicit permission. 4



Last Updated: 2021-01-28 21:50 5

(d) If you reflected the unit square twice (along any pair of axes), do you think the order in which you
applied the reflections would matter? Why/why not?

Part 3: Distributivity of Operations

(a) The distributivity property of matrix-vector multiplication holds for any vectors and matrices. Show
2%2 2
for general A € R“*~ and v, v, € R* that A(v1 +h) = AV + AV, Sl we «Z’_MDI/D

we oare
- At h(z - v zxz
A“ v, ' % we.
ﬂu alrl

Vig
N fq\ad + O‘i

1l

(RO I PRV,

L Vig * Va2 La?l [U“ f VZD F o2 (U )

{ m(lVZ\ + a(rz V(?, t 0’\’2 Vs

B Vi F oV £ Ry Vig £ Agg Voo

L

A Ny 4+ 00 Vg A Vo, 4 B Voo
t :Aﬁl + A‘U’z,

Dy Vi + by Vi Ol Uy, = GoqVan
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